THE BOSTON COLLOQUIUM.
\                series have been given  recently by Lean* LeRoy^ Desaint,^
\               Lindelofy§ Ford || and Faber^ though the proof of some of these
1               theorems has no direct relation to ffadamard's theorem.     The
j               importance of such work is, however, apparent, inasmuch as nu-
!               merous series which occur in analysis can be put into the form
i               under consideration, as for example 2(sin7r/n)ccn.
!                   Three cases must be distinguished according as the radius of
1               convergence of the initial series (7) is less than, equal to, or
greater than 1. If the radius is less than 1, the singular point nearest to the origin has a modulus less than 1, and the continued multiplication of the affix of the point by itself gives a series of points which approach indefinitely close to the origin. The presumption, therefore, would naturally be that the series (12) is then divergent, but this is very far from being always true, as will be *               seen at once by referring to the series 2(#n sin ajand 2(#n cos an)
in which an is real.    The applicability of Hadamard's theorem consequently ceases.
The case in which the radius of convergence of (7) is greater
than 1 has been investigated very recently by Desaint.   In this case
the expected theorem is obtained.    If, namely, P(u) is a conver-
i               gent series without a constant term, 2P(an)rcn defines a function
;               which can have no singular points, besides x = 0   and x = oo,
;               than those which result from the multiplication of the affixes of
1               the singular points among themselves in all possible ways and to
any number of times.**    Desaint's proof is based upon the fact
that 2P(an)sn, after the omission of a suitable number of terms,
can be expressed in the form
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| j                       ** This is a somewhat sharper statement of the result than that given by De-
,!                   saint.    In his theorem x = 1 is given as a possible singular point, but this, as
i ]                   appears from the proof to be given here, is due solely to the admission of a con-
f                   stant term into P(u).   He also fails to note that x = 0 may be a singular point.                                               x'2 = xl sin a + x2 cos a,
